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NMANEAAHNIEZ ESETAZEIZ ' TASHZ HMEPHZIOY FENIKOY AYKEIOY
KAI EMAA (OMAAA B )
TETAPTH 18 MAIOY 2016
ESETAZOMENO MAGHMA: MAOHMATIKA OETIKQN ZMOYAQN &
ZMOYAQN OIKONOMIAZ & MAHP/KHZ

OEMA A

Al.

A2.

A3.

A4.

‘Eotw pia ouvdaptnon f mapaywyioiyn oe éva diaotnua (a,B), ue
ggaipeon iowg éva anueio Tou X,, OTO OTTOI0 OUWG N f eival ouveyxnc.
Av f'(x)>0 oTo (a,X,) ka1 f(x) <0 o1o (X,,B), T6Te va amodeiete OTI
To f(X,) eivar Tomko péyioto Tng f,

Movadeg 7

MoTe duo ocuvaptrioeig f, g AéyovTal ioeg;

Movdadeg 4

Na d1aTuTTwoEeTeE TO Bewpnpa MEONG TINAG TOU dla@opikoUu AoyliopoU Kal
VO TO EPPNVEUCETE YEWMETPIKA.

Movadeg 4

Na xapaktnpicere T1I¢ TPOTACEISC TTOU akoAouBouv, ypdeovra¢ oOrTo
reTpadié oag, 6imAa oro ypduua moU aVvTIOTOIXElI O KABe mporaon, 1
Aéén ZwoTo, av n mporaon cival cwortn, 1 Aa@og, av n mporaon givai
AavBaouévn.

a) MNa «kd&Be ouvexn ouvaptnon f:[a,B]->R av G eivar uia

B
mapayouca 1ng f oto [a,B], 161€ TO J- f(t)dt = G(a)-G(B).

B) Av o1 ocuvaptioeig f,g éxouv dépio oto X, kar 1oxuel f(X) < g(x)
Kovta o1o X,, 16T1e lim f(x) < lim g(x) -
X—Xg X—Xg
y) Kabe ouvaptnon f. vyia tnv omoia 1oxter f'(X)=0 yia kd&be

X € (a,X,) U (Xy,B), eivar atabepry oto (a,X,) U (X,,B).

8) Mia cuvaptnon f eivar 1-1, av kair yévo av, yia KABe GTOIXEiO ¥ TOU
ouvoAou TIHWV Tng, n egiowon y=1f(X) éxer akpIBwg pia Alon wg
TPOG X.
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g) Av n f eival ouvexig oto [a,B], tote n f maipvel oto [a,B] uia
MEYIOTN TIMA M KOl pia eAAXIOTN TIMA m.
Movddeg 10
©EMA B

v XelR.

Aivetai n ouvaptnon f(X) = —
X +1

B1. Na Bpeite ta diaotAuata ota omoia n f egivar yvnoiwg avfouoa, ta
diacTApaTa ota omoia n f eival yvnoiwg @Bivouoa kai ta akpotara 1ng f.
Movdadeg 6

B2. Na Bpeite Ta diactApata ota otmoia n f eival kupth, Ta dlacTApaTa oTa
ommoia n f eivar koikn kai va TPocdiopiceTe Ta onueia KAPTIAG TNG
YPOQIKAG TNG TTapAOTAONG.

Movadeg 9

B3. Na BpegBouv ol acUPTITWTES TG YPAQPIKIS TTapdoTaong Tn¢ f.

Movadeg 7

B4. Meg Bdon 1ig ammavTioelg oag ota epwTtApata B1, B2, B3 va oxedidoeTe n
YPOA®IKA TTapdoTtaon Tn¢ ocuvdapTtnong f.

(H ypa@ikn TapdoTtaon va oXedlaoTei Je OTUNG)
Movadeg 3

OEMAT

2
M. Na AGoete Tnv e€iowon ¥ —x*=1=0, xeR.
Movdadeg 4

F2. Na Bpeite dAeg 11¢ ouvexeic ouvapTtioeic F:R — R mou Ikavomololv Tnv
2 x? 2 2
oxéon f(X)=(e - X —1) yia kaBe XeR kal va aitiohoynoere tnv

ammavinon oag.
Movadeg 8

2
r3. Avf(x)=e* —x*-1, xeR, va amodeixbei 611 n f eival kupTh.
Movdadeg 4

r4. Av f civai n cuvaptnon tou gpwtrparog M3, va AuBsci n e€iowoan:

f(Inux|+3)—=f(Inux|) = f(x+3)—f(x)

6tav X € [0, +).

Movadeg

2-
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OEMA A

Aivetal cuvaptnon f opiopévn kai dUo PopPEG TTApAYywWYioIYn GTO R, ME OUVEXA

0elTEPN TTAPAYWYO, YIO TNV OTToia I0XUEl OTI:

A1,

A2.

A3.

A4.

m

. j' (F(x)+F"(x))nux dx = T

0

. HR)=R xa lim X _1

x—0 r”JX

e e™Wyix= f(f(x)) +e* via k66e xe R.

Na &eigete o1 f(1m) = T (Movadec 4) kai f/(0) =1 (uovadeg 3).
Movadeg 7

a) Na deifete 611 n f dev Tapouoialel akpoTata oto R. (povadeg 4)

B) Na deifete 611 n f eival yvnoiwg avfouoa oto R . (povadeg 2)

Movdadeg 6
. X + OUVX

Na Bpeite To  lim r"J—. Movadeg 6

X—>+00 f(X)

e'IT
f(Inx

Na deifete 011 0 < I ( )dx <. Movadeg 6

X

1

OAHrIIEZ (via Touc e€sTalopévouc)

210 €EWQUAAO TOoU TeTpadiou va ypdywete TO €geTalOPevo pABnUa. XT0
EOWQPUAAO TMAVW-TTAVW VO CUUTTANPWOETE - TA QATOMIKA OToOIXeia padnTh.
ZTnV apXN TWV ATMAVTACEWY O0AG VA YPAYETE TTAVW-TTAVW TNV nUEPOPNVia
Kal 7o €geTaOpevo pddnua. Na pnv avrtiypdywerte 1a Bépgata oto TeTpddio
KAl va Jn ypdyete mouBevd ot amaviAoElc 0ag To Ovoud oag.

Na ypdyete TO OVOMUATETTWVUNSO 0ag OTO TAVW | MEPOG TWV QWToaVTIypadowv
auéowGg PNOAIG oag TTapadoBouv. TuxOv onUEIWOEIG Oag TTAVW OoTa BépaTta dev
0a BaBuoAoynBouv oe kKapia TepimrTwon. Kard tnv amoxwpnoni ocag va
TAapadWoeTE HOli e TO TETPADIO KAI TA PWTOAVTIiypaQA.

Na amaviioeTe oT1o TETPASIO oag 0¢ OAa Ta BE€uata HOVO PeE PTTAE | HOVO
ME HaUpPO OTUAS pe peAdvi mou dev ofrvel. MoAUBI emiTpétmeTal, pévo av 1o
{nTdel n ekWvNon, Kal yoévo yia Tmivakeg, dlaypdpuaTa KAT.

Kdbe amdvinon €mMICTNUOVIKA TEKPUNPIWHEVN €ival aTTOOEKTH.

Aildpkela eE€taong: Tpelg (3) WPEG PETA TN dIAVOUAR TWV QWTOAVTIVPAQWYV.
Xpbévog duvatng amoxwpnong: 10.00 ..

2AX EYXOMAZTE KAAH ENMITYXIA
TEAOZ MHNYMATOZ
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