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NMANEAAHNIEZ ESETAZEIZ ' TAZHZ HMEPHZIOY FENIKOY AYKEIOY
KAI EMAA (OMAAA B )
NAPAZKEYH 9 IOYNIOY 2017
ESETAZOMENO MAGHMA: MAOHMATIKA OETIKQN ZMOYAQN &
ZMOYAQN OIKONOMIAZ & MAHP/KHZ

OEMA A

Al.

A2.

A3.

A4.

‘EoTtw pia ouvaptnon f n omoia eival ouvexng oe éva didotnua A. Av

f'(X) >0 oe kKGBe eowTEPIKG onueio X Tou A, 76Te va amodeifete 6Ti n f
gival yvnoiwg auéouoa oe 6Ao 10 A.

Movdadeg 7
OecwPAOTE TOV NAPAKATW ICXUPIOHO:
«Kabe ouvaptnon f, n omoia eivar ouvexig oTo  X,, eival

TAapAywWYiocIyn OTO onUEio auTo.»
a. Na xapakTnpiceTe TOV TTAPATTAVW IOXUPIOCUO ypdovTag OTO

TETPGOI6 0ag TO ypapua A, av givar aAnbng, § 1o ypauua ¥, av
givalr yeudng. (Movada 1)
B. Na aiTioAoyfoete TNV amdvinon 00G OTO £EpWTNUA a. (Movadeg 3)
Movadeg 4
Néte Aépe 611 pia ouvaptnon f givar ouvexng oe éva kAsioTd didoTnua
[a,B];
Movdadeg 4

Na xapakrnpicere TIC TPOTACEIC TTOU akoAouBouv, ypdeovra¢ OToO
TeTpadIé oag, OimAa oTo ypduua 1ToU avTIOoToIXEl o KGBe mpdodraon, 1
Aéén ZwoTro, av n mporaon €ivar cwaorth, n Aalog, av n mpdéraon Eivai
AavBaouévn.

a) MNa kaBe {elyog ouvapthoewv f:R >R kar g:R—>R, av
lim f(x) =0 kar lim g(x) = 400, 167¢ lim [f(X)-g(Xx)]=0.

X—=> Xo

B) Av f, g cival 800 cuvaptiosic ye media opiopyou A, B avrioTtoixa,
1616 n gof opiCetar av f(A)() B= .

y) TNa kaBe ocuvaptnon f:R - R mou cival mapaywyioiyn Kair degv
mapouaialel akpotata, ioxuel f'(X) #0 yia kabe xeR.

5) Av O<a<1, 16te |lim o = +o0.

X—> —©

g) H eikova f(A) evdg diaotAuatog A Péow Piag ouvexoUg Kal Wn

otaBepric ouvaptnong f eival didoTnua.
Movadeg 1
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OEMA B

X
AivovTal o1 ouvapTtioeig f(X) =4nx, x>0 ko g(X)= P X#1.

B1. Na mpoodiopioete Tn guvdptnon fog.
Movadeg 5
X
B2. Av h(X)=(feg)(X)= Kn(l—), X €(0,), va amodeifete 611 n ocuvapTnOon
—X
h avrioTpé@eTal kai va Bpeite TNV avTioTpoPn TNG.
Movdadeg 6
B3. Av @(X)=h"(x)= L X € R, va yeAetioeTte Tn guvdptnon ¢ wg TPog
e +
TN govoTovia, Ta akpOTaTA, TNV KUPTOTNTA KAI TO ONUEIA KAPTIAG.
Movdadeg 7
B4. Na Bpeite TI¢ 0pIOVTIEG AOUPTITWTEG TNG YPAQPIKAG TTapAcTAONG TNG
ouvaptnong @ kail va 1n oXeDIAOETE.
(H ypa@ikn mapdotaon va oxedlaoTei € OTUAD.)
Movdadeg 7
OEMAT

Aivetar n ouvaptnon f(X) = —nux, x€[0,n], ka1 1o onueio A(g,—z) .

r1.

r2.

rs.

2
Na amodeigete O11 umdpyxouv akpiBwg dUo eamtdpeveg (g,), (g,) TNng

YPAPIKAG TapdoTtaons tn¢ f mou dyovral amd 1o A, TIC OTois¢ Kal va
BpeiTe.
Movadeg 8
Av (g,): Yy=-X kai (g,): Y=X—7 eival ol euBeieg Tou epwTtipatog M1,
16T va oxedidoete TG (g,), (€,) KaI TN ypagik mapdotaon tng f kal va
2
T
amodeiete 0TI — = — —1, 610U
E, 8
e E, eival To epBaddv Tou ywpiou TTOU TePIKAEiETAl ATMO TN YPAPIKA
mapdotaon Tng f kai Tig eubeieg (g,), (g,), Kai
e E, cival 1o epBaddv Tou xwpiou TTOU TEPIKAEIETAI ATTd TN YPAPIKA

mapdaoTtaon Tn¢ f kal Tov afova X'X.
Movadeg 6

) ) . f(X) + X
Na utroAoyioeTe 10 6pio lim——m—— . ) .
o f(X) =X+ 1 Movdadeg 4
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e
f(x
F4. Na amodeifete 4TI Q dx > e-1-= .
X

1

Movadeg 7
OEMA A
Ix*, xe[-10)
e‘nux, Xel0,n]

Aivetai n ouvaptnon f(x) =

A1. Na d¢eigete 611 n ouvaptnon f eival cuvexng oto didotnua [-Ln] kal va
BpeiTe Ta Kpiolya onueia TnC.
Movadeg 5

A2. Na peAetrioete Tn ouvdptnon f wg mpog TN povoTtovia Kal Ta akpoTATA,
Kal va BpeiTe TO GUVOAO TIHWV TNG.
Movdadeg 6

A3. Na Bpeite T0 €¢ufaddv Tou Xwpiou TTOU TIEPIKAEIETAI aTTd TN YPAQPIKA
mapdaoTtaon tng f, ™ ypagikn mTapdortaon TS g, pe g(X)=e5X, xelR,
Tov dova Y'Yy kal Tnv gubeia X =T .
Movadeg 6
3n 3n
A4. Na A0oete Tv e€iowon 16e *f(x)—e 4 (4x—3n)? = 82
Movadeg 8

OAHTIEZX (via Toug e€sTalopévoug)

1. Z1o €§w@uAAo TOoU TeTpadiou va ypawete 1O €EeTaldpevo paAbnua. XTo
EOWQPUAAO TTAVW-TTAVW VO CUUTTANPWOETE -TA ATOMIKA OTOIXEia padbnTh.
ZTnV apXN TWV ATTAVTACEWYV OOG VA YPAWETE TTAVW-TTAVW TNV nuUeEpopnvia
Kal To €geTalopevo padbnua. Na pnv avriypdypete 1a B€pata oTo TETPAdIO
KOl Vo 4N YPAWETE TTOUBEVA OTIG OTTAVTHOEIG OOG TO OVOUA 0QG.

2. Na ypdyete TO OVOMUATETTWVUHPO OO¢ OTO TIAVW HEPOG TWV QWTOAVTIYPAPWYV
auéowWG PNOAIG oag TTapadoBouv. TuXOv onUEIWOEI§ 00G TTAVW oTa BépaTa dev
0a BaBuoAoynBolv oe kapio mepimTwWon. Kard tnv amoxwpnoh ocag va
TaPAdWOETE Padi e TO TETPADIO KAl TA pWTOAVTiypa@a.

3. Na amavtiioete oT10 TETPAdIO6 O0ag 0¢ OAa Ta BépaTta pévo pe YAe R poévo
ME MOUPO OTUAOG pe peAdGvi TTou Oev afnrivel. MoAUBI emmiTpétreTal, pévo av 1o
(nTdEl N EKQWVNON, KAl MOVO YIa TiVAKEG, OIQYPAMUATA KATT.

4., Kdé&Be amdvinon €mMIOTNPOVIKA TEKPNPIWHEVN €ival aTTodEKTH.

5. Aidpkela €€€taong: 1pelg (3) WpPeG PETA TN SIAVOUN TWV QWTOAVTIYVPAPWYV.

6. Xpbvog duvatAg ammoxwpnong: 10.00 ..

2AZ EYXOMAZTE KAAH ENITYXIA
TEAOZ MHNYMATOzZ
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